In this paper we provide such a criterion by showing that an infinite tree automaton accepts some valued tree if and only if there is a computation of the automaton containing a certain simple kind of finite subtree. Moreover, the set of finite subtrees of the kind we ^H require are recognizable by finite tree automata, and in this way we reduce the emptiness problem for Infinite tree automata directly to that for finite tree automata. This also yields a simpler proof of another result of Rabin about "regular" runs by automata (see below).
The hardest part of Rabin's proof -the complementation lemma --remains a difficult combinatorial argument which has yet to be simplified.
Reducing this problem to the corresponding problem of complementiiig finite-tree automata (which is easily resolved by the usual subset construction) might lead to such a simplification. Our results on emptiness suggest that there is hope for this approach. The set of all ^-runs on t(e) will be denoted by Rnflfct) (Rn(^,e), respectively),
An accepting Qf-run on t is any r € Rn(0r, t) such that for every path
TT c T, (r|Tr) € &.]. 7(0i) = {t| there is an accepting ÖJ-run on t). T(R)
is called the set defined by Ol.
Given an f.a.t. 01= < S, E, M, s 0 ,^l> we wish to determine whether or not T(ft) = 0. Consider the automaton 01= < S, {a], M, s n ,il>, where
Clearly, T(öO = 0 iff T(Ö?) = 0.
Thus the emptiness problem is reduced to the case of automata over the single letter alphabet {a}. Henceforth we restrict our attention to this case. Since there exists just one {a]-tree, (v,T), and for every finite tree E just one finite {a]-tree, (v,E ), we will omit mention of the valuation v and talk about Ol-runs on T and E, ^accepting T, etc. Note that good is defined with respect to our f.a.t. 01.
LrannaJ.: The set of good strings is a regular set, i.e., it is recognizable by a finite state machine on finite input strings.
Proof of Lemma 1; ühvious. D Lemma_2: Let G be a regular set of finite strings on S. Let H = {E(E is a finite free and there exists a run r on E such that for all x € Ft(E), a r^ € G} Then H is recognizable by a finite automaton on finite trees as defined in [6] . 
This is another result of [2].
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